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Abstract

In the present paper, we establish some double inequalities for h-function of
one variable with the help of Nguyen Van h and Ngo Phuoc Nguyen Ngo [4]
inequality.
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Introduction
The H-function [3, sec mathai and saxena (1978)]
Braaksma (1964) is defined by,
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where

) o= J-1

2) z(#0)Iscomplex variable

3) z°=exp(s(in)|z+iargz)

4) Anempty product isinterpreted as unity,

5) d, u, pand g are non- negative integers satisfying 0<u<p,0<d<q (both d and
u are not zeroes).

6) A(i=1...,pandB(i=1,..., q) are assumed to be positive quantities,
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7) A(i=1..,d) and b(j=1...,q) are complex numbers such that none of the
poles of A ,I'(b,-B;S),(i=1,..d) coincide with the poles of " 1-a,,
(i=1,...,u)i.e, A
(b +v)=B, (&, —A-)forV,r=1....,h=1...d,k=1...u,

In Braakama [(1964) P278]. In has been shown that the H-function make sense
and define an analytic function of z in the following cases.

(1) 6 >0, Z+# 0 where
q b
oA
i=1 i-1

(2) 6=0and0<|z|< D™ where,
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And

o= uZ(A,-)—X(Aj)JrdZ(Bj)—qZ(Bj) >0

d+1

Double Inequality for the Fox’s H-function
(1) 1¥ Inequality:-
(o, U, )i:l,n’{ ap'A p}

Hpl ool Z{(bq.Bq)},(—B—Zn: ai:u+zn: (u;)
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Eq. cont. to next page
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Provided; x €[0,1),
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Re| o; + minu; | — | | >0,
1<j<d \ B

1
|arg(z)|I < Eqm,
forj=1,....1,1=1,...... nandneN, (2.1)
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(2) 2" | nequality
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Eq. cont. to next page
Provided: - x €[0,1),

Rela, -minu | = ||>0
1<j<d Bj

- o
Re B—mi.nu(—‘H> 0
1<j<d B . '

larg (z)] < ;—q)n,
For,k=1,...... d,i=1,...nandneN, (2.2)

(3) 3 Inequality
(=a,u)an{ (@A)}

Hy. 0 Z[BJriai,quiui}{(bq_Bq)},[_B_ia’ui +2(Ui)J

i (—ax,xu) . { (@A)}
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I (CW-3)
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Provided: - x€[0,1),

b.
: j
Re{B — rPngrléJ (B—]ZI >1, Eq. cont. to next page.
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B=1a >0,fork=1,......., d.i=1,....n,and neN, (2.3)

(4) 4™ Inequality
{ (apA p)} ’ (1+ a'i ’ ui)i:l,n

HE Z{(bq.Bq)},{—B—zn aius Y (“‘)}

i=1 i=1
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{(b,B,)}.(1-B.,u)

Provided: x€[0,1),

Re|a, —minu,|—||>0
1<j<d

1
larg(z)] < ?cl)n,
Fork=1,......., di=1,......., nand neN, (2.4)

Pr oof

To establish (2.1) replacing the Fox’ s H-Function in the inequality as a Mellin-Barnes
type of contour intregal which is permissible due to absolute convergence of involved
in the process. We have,

d u
1 J‘ Elr(bi -B,S) i§1r(1_ a, +A,S)

C2nw

X

p
J=u+

j=1+d



318

[Fl— (—a;)+ uis)i:l,n:l

|

1- (=B~ Y (a)+(u+ ui>s>]

i=1

r I:l— (—a ;X)+ uixs)izl,n]

n

F[B+ us + XZ (o, + u|S)|l‘n}

i=1

1

- T'1-(@Q-B)+ us

AK. Ronghe et al

z°%dS

Now evaluating the inner inequality with the help of result Nguyen Van Vins and
Ngo Phuoc Nguyen Ngoc [4,p 1381], and interpreting the result. Thus obtained with
the help of(1.1), we obtain the RHS of (2.1) .
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